
𝚪  ⊢  P 𝚪  ⊢  Q

𝚪  ⊢  P ⋀ Q𝚪  ⊢  P

𝚪  ⊢  P ⋀ Q

𝚪  ⊢  Q

𝚪  ⊢  P ⋀ Q

𝚪  ⊢  P ⇒ Q 𝚪  ⊢  P

𝚪  ⊢  Q

𝚪, P  ⊢  Q

𝚪  ⊢  P ⇒ Q

𝚪  ⊢  R

𝚪  ⊢  P ⋁ Q 𝚪, P  ⊢  R 𝚪, Q  ⊢  R
[⋁E]

𝚪  ⊢  P ⋁ Q 𝚪  ⊢  P ⋁ Q

𝚪  ⊢  P 𝚪  ⊢  Q
[⋁IL] [⋁IR]

[⋀EL] [⋀ER] [⋀I]

[⇒E] [⇒I]

𝚪  ⊢  ¬ P

𝚪, P  ⊢  false
[¬E] [¬I]

𝚪  ⊢  P

𝚪  ⊢  false
[false E]

…, P, …  ⊢  P
[ID]

𝚪  ⊢  P 𝚪  ⊢  ¬ P

𝚪  ⊢  false

P  ::=   false  |  V  |  ¬ P  |  P ⋁ P  |  P ⋀ P  |  P ⇒ P

V  ::=   a  |  b  |  …

𝚪  ::=   𝚪, P  |  empty

Rules for sequent-style natural deduction

𝚪  ⊢  P

𝚪  ⊢  ¬ ¬ P
[¬¬E]

formulas

variables

contexts

sequents 𝚪  ⊢  P


